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Abstract
We have performed inelastic neutron scattering (INS) experiments on CeRh3B2

at various temperatures to obtain direct information on the crystal electric field
(CEF) in this compound, which exhibits some very peculiar magnetic properties
for a Ce system: it is ferromagnetic with an unusually high Curie temperature
(115 K), which contrasts with a strongly reduced and anisotropic magnetization
(0.4 μB/fu within the c-plane of the hexagonal structure). Measurements
with high incident energies show only one well defined magnetic excitation
around 150 meV, its exact position varying with the temperature. These
results, combined with our previous data of magnetization and magnetic form
factor, have permitted us to determine the CEF energy level scheme taking into
account the two J multiplets of the Ce3+ ion. Information on the ground state
(quasielastic contribution and ground state moment) has also been obtained by
experiments at low incident energies in the paramagnetic state.

(Some figures in this article are in colour only in the electronic version)

1. Introduction

The CeRh3B2 intermetallic compound, which crystallizes in the hexagonal CeCo3B2-type
structure, is a very interesting compound with exceptional magnetic properties. It is
ferromagnetic up to TC = 115 K [1] and its magnetic properties are highly anisotropic. This
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Curie temperature is by far the highest magnetic ordering temperature ever found in Ce-based
intermetallic compounds with non-magnetic partners. The easy magnetization is within the c-
plane [2], and despite the huge value of TC the spontaneous magnetization at low temperature is
very small, about 0.4 μB/fu, a value which is strongly reduced compared to the cerium free ion
value (2.14 μB). The magnetization along the hard c-axis is about five times less than in the c-
plane. The paramagnetic susceptibility is also quite anisotropic and does not follow the Curie–
Weiss law until above 600 K [3]. Magnetization curves measured with fields applied along easy
and hard directions, at various temperatures in the ferromagnetic and the paramagnetic states,
have been reported and calculated in a recent paper [4].

These anisotropic properties must be related to the large difference between the a and c
lattice constants, that is between the Ce–Ce distances along these two directions. This feature,
characteristic of the RRh3B2 crystal structure, is even further enhanced in CeRh3B2, with
a = 5.48 Å and c = 3.09 Å at room temperature, and c remaining smaller than in PrRh3B2

at all temperatures. Moreover, a quite abnormal thermal variation of the CeRh3B2 lattice
parameters has been reported [5]: between 300 and 100 K, the a lattice parameter drastically
increases while the decrease of c becomes more pronounced, thus intensifying the difference
between c and a. Along this c-direction, the Ce atoms thus form chains with very short Ce–Ce
distances (3.09 Å), even smaller than in α-Ce (3.41 Å). Such short Ce–Ce distances can lead to
strong hybridization between the Ce 4f, Ce 5d and conduction electrons and to strong crystal
electric field (CEF) effects [6, 7].

A polarized neutron diffraction study [8] has shown that the magnetic properties of
CeRh3B2 arise from a localized Ce 4f moment, together with, in the ferromagnetic state, an
anisotropic diffuse magnetization between the Ce atoms along the c-chains. The deduced Ce
magnetic form factor above sin θ/λ = 0.25 Å−1 corresponds to the 4f contribution only and
shows a strong anisotropy, which is a signature of the CEF effects. Classical calculations of the
Ce 4f form factor within the Ce ground multiplet J = 5/2 did not fit this measured anisotropy
very well, and a much better agreement was obtained by calculations taking also into account
the excited J ′ = 7/2 multiplet [9]. These two multiplet calculations of the 4f moment, together
with a conduction electron polarization, were also used in the paper cited above [4] to calculate
the magnetization curves.

The knowledge of the CEF parameters is thus essential for obtaining the Ce wavefunctions
and calculating the 4f magnetizations and magnetic form factor. Expecting large CEF effects,
inelastic neutron scattering (INS) measurements with high incident energies were undertaken
to determine the CEF splitting. Because of the anomaly in the temperature dependence of the
lattice parameters, spectra were collected at several temperatures in the paramagnetic state, as
well as at low temperature in the ferromagnetic state, to link the results with the magnetic form
factor data. Complementary experiments at low incident energies have also been performed,
especially in the paramagnetic phase, to provide information on the ground state: associated
quasielastic response, intrinsic moment and possible changes above TC.

2. Experimental details and results

2.1. Experimental details

Spectra with high incident energies were collected on the time-of-flight spectrometer HET at
the pulsed source ISIS (Didcot, UK), with different incident energies Ei between 150 and
900 meV. The resolution of the device, given by the width of the elastic peak, is progressively
broader with increasing incident energy (see the half-widths at half-maximum (HWHMs)
in table 1). Experiments with low incident energies were performed in the paramagnetic
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Table 1. Sixth order CEF parameter A0
6〈r6〉 at T = 18, 150 and 300 K and HWHM values of the

elastic peak σ0, of the quasielastic peak σquasi, of the CEF peak σCEF used in the calculations as well
as of the measured peaks σpeak, at the different incident energies Ei.

T A0
6〈r6〉 Ei σ0 σquasi σCEF σpeak

(K) (K) (meV) (meV) (meV) (meV) (meV)

18 −350 450 23 — 38 44
150 −311 150 5 2.3 — —

300 9 38 39
450 23 38 44
900 40 38 55

300 −218 450 23 5.0 38 44

state at I.L.L. (Grenoble, France): (i) the cold neutron time-of-flight spectrometer IN6 with
a very good energy resolution (incident energy 3.1 meV) has permitted us to determine the
quasielastic scattering contribution; (ii) the integrated magnetic contribution within the ground
state (i.e. that represented by the quasielastic scattering) was determined by the xyz polarization
analysis method provided by D7 using neutrons of incident energy 9 meV.

For all experiments, scattering angles range from low angles (5◦–10◦) to high angles
(130◦–150◦), which allows one to follow the angular dependence of the magnetic and phonon
scattering. As we are searching for magnetic phenomena, all the spectra presented in this
paper are those obtained at low scattering angles, unless otherwise specified. Spectra for
vanadium and cadmium were also measured in order to perform calibrations and the appropriate
corrections of the data.

In addition to CeRh3B2, the isostructural non-magnetic LaRh3B2 compound has also been
measured in order to obtain information about the phonons. For both compounds, the samples
were high quality powders of mass around 20 g and the same samples were used for all
the experiments reported here. After preparing and annealing, they were kept stocked under
vacuum, throughout over the period of the experiments, to avoid hydrogen contamination. As
boron has a very high absorption cross section for neutrons, the isotopically enriched 11B was
used in the preparation of the samples. However, there are still some absorption effects due
to the rhodium. To minimize this absorption, the powder was put into a concentric sample
holder for the low energy experiments (D7 and IN6). The optimum thickness was chosen to
be that given by 1/e transmission at the incident wavelength employed. For the high energy
experiments (HET), powders were wrapped in aluminum foils to obtain packages of about
40 × 40 × 3 mm3.

2.2. Crystal electric field splitting

Because of the expected large CEF splitting, the spectra were first collected at Ei = 450 meV.
Figure 1 shows the raw data obtained in the paramagnetic state at T = 150 K on CeRh3B2 and
at 15 K on LaRh3B2 for small scattering angles (left part) and for high scattering angles (right
part). For the low scattering angles, one small but relatively wide peak is observed around
150 meV in the CeRh3B2 spectrum, a peak which is not present for the LaRh3B2 compound.
This CeRh3B2 peak has almost disappeared at high scattering angles, which indicates its
magnetic origin. The Ce spectrum has been corrected for the lattice contribution by subtracting
the normalized La spectrum and the corrected intensities are reported in figure 2. Besides the
main peak at 150 meV, no well defined inelastic peak is noticeable, except a very small and
narrow one around 50 meV and a long tail of scattered intensity above 200 meV.

3
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Figure 1. Spectral response obtained with an incident energy Ei = 450 meV on CeRh3B2 at
T = 150 K and on LaRh3B2 at T = 15 K. The left part corresponds to low scattering angle data
(2θ = 4.9◦) and the right part to high angle data (2θ = 115.0◦).
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Figure 2. Spectral response corrected for phonons of CeRh3B2 at T = 150 K, with incident energy
Ei = 450 meV at scattering angle 2θ = 4.9◦. The full line is the response calculated as explained
in the text.

INS measurements at Ei = 450 meV were also performed at other temperatures: at 300 K,
far above the ordering temperature, and at low temperature (18 K) to allow comparison with
the magnetic form factor which, because of the very small Ce magnetic moment, is much more
accurate in the ferromagnetic state. The results (top part of figure 3) reveal a significant change
in the position of the observed peak, from 132 meV at 300 K to 167 meV at 18 K. Its intensity
and width are temperature independent. The latter seems quite large: it is about twice as large
as the elastic peak. As the resolution is rather poor at this high energy (HWHM = 23 meV;
see table 1), the peak was also measured with an incident energy Ei =300 meV for which the
resolution is much improved (HWHM = 9 meV). The observed width remains about the same
at Ei = 300 meV as at Ei = 450 meV (bottom part of figure 3). So, the large width of the
CEF peak is not due to the resolution of the device but is an intrinsic property of the CeRh3B2

compound. HWHM has been evaluated to be 38 meV.
In order to look for other significant information concerning the CEF splitting, an

experiment with a higher incident energy Ei = 900 meV was performed at 150 K. As can
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Figure 3. CEF excitation around 150 meV observed at scattering angle 2θ = 4.9◦. Top part: with
the incident energy Ei = 450 meV, at three temperatures 300, 150 and 18 K. Bottom part: with
an incident energy Ei = 300 meV, reported at the same energy transfer scale. The full lines are
calculated as explained in the text.

be seen in figure 4, the previously detected peak at 150 meV is still well defined, but no other
definite peak is found at higher energy transfer, either in the raw data (top part of figure 4),
or in the spectra corrected for phonons (bottom part of figure 4). No measurements on the
La compound were performed at this energy, so the intensities at high scattering angles have
been used for the phonon corrections instead.

Finally, spectra at several temperatures were collected at Ei = 150 meV to study the
small peak around 50 meV. This peak is also visible in the LaRh3B2 spectrum (top of figure 5),
which indicates a phonon contribution around this energy transfer. However, for the CeRh3B2

compound, its intensity at the same temperature (15 K) is a little higher, and, furthermore, it
appears to have decreased when the temperature is increased to 150 K, which is not expected
for a phonon process. Its persistence up to T = 300 K means that this peak is not totally
associated with the magnetic ordering. Its decreasing intensity on heating, together with its
constant position in energy, indicate that, if it is a CEF peak, it is not similar to the one observed
around 150 meV.

Thus, only one well defined magnetic excitation that can be undoubtedly attributed to a
CEF transition has been identified with an energy transfer around 150 meV, its exact value
depending on the temperature.

2.3. Ground state

The measurements with polarized neutrons on spectrometer D7 of the integrated cross section
of the ground state were performed at 300 K and at 120 K, just above the Curie temperature
of 115 K. The onset of the ferromagnetic ordering is identified quite clearly from the
variation of the flipping ratio with temperature. Figure 6 reports the marked neutron beam
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Figure 4. Spectral response obtained at scattering angle 2θ = 4.9◦, with an incident energy
Ei = 900 meV. Top part: raw data. Bottom part: data corrected for phonons. The full line is
the response calculated as explained in the text.

depolarization with decreasing temperature below the ordering temperature, in a manner
resembling, qualitatively, an inverted magnetization curve. The observed scattering cross
section as a function of κ (κ = |k − k′|) at the two temperatures (within an energy window
of around ± 10 meV, corresponding to the incident neutron wavelength of 3.1 Å) is shown in
figure 7. The cross section value at κ = 0 was determined by taking a single average over all the
data points. This is justified by the fact that the Ce3+ form factor is almost flat over the narrow,
low-κ range of the measurements, as indicated by the solid line through the points. Despite the
relatively poor precision due to the weakness of the measured signal, we find that the resulting
average cross section is about the same at both temperatures. It corresponds to a moment of
0.84±0.80 μB, a value in good agreement with our determination, from magnetization data, of
the magnetic moments at 300 K [4]: 0.95 μB in the c-plane and 0.67 μB along the c-direction,
that is, a mean value of 0.86 μB for a powder sample.

The experiments on the IN6 spectrometer with a very good energy resolution (70 μeV)
were performed at two temperatures in the paramagnetic phase (T = 150 and 300 K), and in
the ferromagnetic phase (T = 10 K). LaRh3B2 was also measured at the same temperatures
as a reference for non-magnetic contributions. The La spectra were normalized to the Ce ones,
taking into account the different masses and transmission factors of the two samples. Figure 8
shows the corrected difference spectra (Ce–La) at the three temperatures. The difference
spectrum in the ferromagnetic state (T = 10 K) is flat and negligibly small. In contrast,
the difference spectra in the paramagnetic state (T = 150 and 300 K) show the presence
of a well defined quasielastic contribution. The HWHM of this quasielastic peak, fitted by
a Lorentzian function centered at the origin, is σquasi = 2.32 ± 0.35 meV at 150 K and
σquasi = 5.02 ± 0.94 meV at 300 K. Note that these values are polycrystalline averages and
should be very different along the a- and c-directions.
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Figure 5. Spectral response obtained at scattering angle 2θ = 4.9◦, with an incident energy
Ei = 150 meV on LaRh3B2 at T = 15 K and on CeRh3B2 at T = 15, 150 and 300 K.

3. Discussion

The peak at 150 meV must correspond to a transition from the fundamental doublet to another
doublet of the Ce multiplet decomposition by the CEF. As the involved energy is quite large
compared with the separation of ≈ 280 meV [10] between the two Ce3+ multiplets J = 5/2
and J ′ = 7/2, both have to be considered in the calculations. There are then seven doublets,
but we have observed only one well defined transition between them. More information on
the CEF scheme can be obtained from other CEF sensitive properties measured on a single
crystal such as magnetizations along easy and hard directions and the Ce 4f magnetic form
factor. These data are directly related to the wavefunction of the thermally occupied energy
levels; in particular, the anisotropy of the magnetic form factor is a very good signature of the
CEF effects [11]. In the case of CeRh3B2, the Ce magnetic moment being very small, the data
obtained at low temperatures in the ferromagnetic state present a much better accuracy. The
CEF parameters have therefore been refined to fit these various types of data and thus fulfill
together the following three conditions: (i) a wavefunction in agreement with the anisotropy

7
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Figure 6. Flipping ratio of CeRh3B2 measured with polarized neutrons on D7 as a function of
temperature.

Figure 7. Scattering cross sections of CeRh3B2 measured on D7 at 120 and 300 K, as a function of
κ . At both temperatures, the full line is the Ce3+ form factor.

of the magnetic form factor, (ii) the easy magnetization direction in the basal plane of the
hexagonal structure and (iii) a CEF peak at an energy transfer around 150 meV.

The model is that previously described [4, 9], in which the Ce energy states are obtained
by diagonalizing the following Hamiltonian:

H = λL · S + HCF − 2J f f 〈S〉S + μBH · (L + 2S) + 2μB KpolH ·S, (1)

where L and S are respectively the orbital and spin operators, μB the Bohr magneton and H
the external field. For cerium, the value of the spin–orbit coupling coefficient λ was taken as
930 K (λ = �/J ′ with � = 280 meV or 3250 K). J f f is the exchange interaction coefficient
and Kpol a conduction electron polarization coefficient operating in magnetization calculations.

8
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Figure 8. Difference between CeRh3B2 and LaRh3B2 spectra measured on IN6 at low scattering
angles at T =10, 150 and 300 K. Full lines at 150 and 300 K are fitted Lorentzians (see the text).

The CEF Hamiltonian HCF for systems including several multiplets can be expressed [12] in a
way similar to the Stevens formalism, using the tensor operator techniques of Racah [13]:

HCF =
∑

k,q

Nq
k Aq

k 〈rk〉U q
k (2)

the Nq
k and U q

k terms are tabulated [14, 9] and the Aq
k 〈rk〉 are the CEF parameters. For

hexagonal symmetry, there are four independent ones: A0
2〈r 2〉, A0

4〈r 4〉, A0
6〈r 6〉 and A6

6〈r 6〉. The
sixth order terms, which are null for Ce in calculations within the ground multiplet J = 5/2
only, are present because of the contribution of the J ′ = 7/2 multiplet.

Knowing the energy levels and their associated wavefunctions, the magnetic spectral
function for transitions between levels m and n separated by �Enm is proportional to

S(κ, ω) ∝ F2(κ, J, J ′)
h̄ω

1 − e
−h̄ω
kT

∑

m

1 − e
−�Enm

kT

�Enm
pm

∣∣〈n∣∣(L + 2S )⊥
∣∣m〉∣∣2Fnm(κ, ω), (3)

where F2(κ, J, J ′) is related to the inelastic structure factor G(κ, J, J ′) for the multiplets J
and J ′ (see its calculation in the appendix), pm is the probability of occupation of level m
given by the Maxwell–Boltzmann statistic and Fnm(κ, ω) is a spectral function which can be a
Lorentzian or a Gaussian function.

The total calculated spectrum is the sum of the following contributions: the elastic peak
arising from incoherent scattering centered at the origin, a possible quasielastic contribution
depending on the temperature as found by the experiment on IN6, and peaks corresponding to
all the possible magnetic transitions.

9
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Figure 9. (a) Lowest energy levels calculated with our proposed CEF parameters at 18, 150 and
300 K. (b) Values of A0

4〈r4〉 and A0
6〈r6〉 as a function of A0

2〈r2〉 at T = 150 K. (c) Corresponding
energy level schemes. For each doublet, the percentage of the J ′ = 7/2 multiplet in the
wavefunction is given. For three doublets, transitions from the ground state are forbidden (transition
probability P = 0).

As the position of the CEF peak is temperature dependent, the four CEF parameters have
been first determined using the spectrum at 18 K, the ferromagnetic form factor and the low
temperature magnetization curves within and perpendicular to the c-plane. The term A6

6〈r 6〉
was found to have no influence and was fixed to zero. The other three parameters are in fact
strongly correlated (see below). A0

2〈r 2〉 has to be negative for an easy magnetization lying in
the basal plane. One proposed solution is, for A0

2〈r 2〉 fixed at −7500 K, A0
4〈r 4〉 = 633(±6) K

and A0
6〈r 6〉 = −350(±4) K. The total calculated spectrum is drawn in the top part of figure 3.

The associated level scheme, the lowest levels of which are shown in figure 9(a), indicates
that the first excited doublet lies at 166 meV, giving rise to the observed energy transfer. This
doublet is split by less than 0.1 meV by the presence of the exchange field at this temperature,
and the observed peak then corresponds to two transitions from the ground level, with the same
energy. The ground doublet is split by 20 meV, which involves a broadening of the calculated
curve close to the elastic peak. If such an excitation presents a dispersion with κ , which is quite
likely according to the strongly anisotropic behavior of CeRh3B2, it is not taken into account in
our mean field Hamiltonian and cannot be detected on powders. This explains the discrepancy
for T = 18 K between calculated and experimental points at low energy transfers.

As the temperature is increased, the position of the CEF peak is shifted towards
lower energy transfers. The change between 18 and 150 K could be attributed to the
role of the exchange interaction on the splitting in the ferromagnetic state. However, the
calculated corresponding change would be 10 meV while the observed one is larger (17 meV).
Furthermore, in the paramagnetic state the position of the CEF peak keeps shifting to lower
energies when the temperature is increased: between 150 and 300 K it has shifted by 18 meV,
which can be explained only by a change in the CEF parameters. As the CEF depends strongly

10
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on the relative lattice parameters of the structure, these changes must be connected with the
quite abnormal thermal dependence of the lattice parameters, especially between 100 and
300 K [5]. As the lattice parameters of CeRh3B2 approach normal values with increasing
temperature, its behavior should also become more normal. In normal Ce compounds, where
one considers only the J = 5/2 ground multiplet, the contribution from the sixth order terms is
zero. We thus assumed that only the sixth order parameter A0

6〈r 6〉 was varying. Simultaneous
refinements on the spectra for Ei = 450 meV at 150 and 300 K and on the magnetic form factor
at T = 150 K lead to A0

6〈r 6〉 = −311(±3) K at 150 K and A0
6〈r 6〉 = −218(±4) at 300 K. The

decrease of A0
6〈r 6〉 as temperature is increased bears out our assumption that CeRh3B2 tends

to a more normal behavior. The HWHMs of all the calculated peaks are given in table 1. The
spectra calculated at 150 and 300 K with these new values of A0

6〈r 6〉 are drawn in figure 3 for
Ei = 450 meV (top) and Ei = 300 meV (bottom) and in figure 4 (bottom) for Ei = 900 meV.

The correlation between the A0
k〈rk〉 parameters is shown in figure 9(b), and to any value

of A0
2〈r 2〉 down to −10 000 K there corresponds a set of parameters A0

4〈r 4〉 and A0
6〈r 6〉 leading

to the same wavefunction of the ground state. The dependence on A0
2〈r 2〉 of the CEF level

scheme at T = 150 K is drawn in figure 9(c) and the percentage of the J ′ = 7/2 multiplet in
the wavefunction of each doublet is also given. One notices that, besides the ground one, three
doublets do not depend on the value of A0

2〈r 2〉 (and associated values of A0
4〈r 4〉 and A0

6〈r 6〉),
either in their energy or in their wavefunction. The three other doublets are A0

2〈r 2〉 dependent
but transitions from the ground state are forbidden (transition probability ≡ 0). These features
confirm the impossibility to choose a value for A0

2〈r 2〉 and we therefore cannot know the exact
CEF total splitting. However, in the energy range reached in our experiments, the splitting
of the levels and the transition probabilities are unchanged. A third doublet is located around
320 meV, but as can be seen from the calculated curves in figures 2 and 4 (bottom part) its
intensity is very small. In fact, the data points do not show a definite peak around that energy
but rather a tail or a level of roughly constant intensity resembling a broad hump or a peak
with a much larger width. We note that the intrinsic width (38 meV) of the peak at 150 meV
is itself significantly large, for reasons that we do not fully understand at present. Hence,
the presence of an even broader peak at higher energies, much broader than suggested by our
calculations, cannot be entirely excluded. Such unexplained broadening of CEF excitations at
high energies has also been reported [15]. As suggested by the author, some strong relaxation
process in the excited level may originate from the coupling to the conduction band. Indeed,
strong hybridization effects play an important role in the properties of CeRh3B2. Clearly,
further theoretical input is needed to understand the interesting physical characteristics of this
compound.

At all temperatures, a small peak has been observed around 50 meV, which is not predicted
by our calculations of the CEF splitting, and its origin remains unclear. One cannot exclude a
change in the phonons because of the abnormal variation of the lattice parameters between 100
and 300 K. Moreover, in the ferromagnetic state magnons related to the exchange interactions
should also appear, but because of the highly anisotropic character of the magnetic properties
of this compound these excitations are expected to be very anisotropic and hence best studied
on a single crystal.

4. Conclusion

In conclusion, the present inelastic neutron scattering measurements have confirmed the
expected very large crystal electric field effects in CeRh3B2. Because of the huge splitting
of the Ce energy levels, only one well defined CEF peak has been well observed, the position
of which is temperature dependent. Using simultaneously other CEF sensitive data, especially

11
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the magnetic form factor and the magnetization data on a single crystal, we have been able
to determine the CEF splitting for the lowest levels. Calculations including the two J = 5/2
and J ′ = 7/2 multiplets of cerium can explain well the observed spectra as well as the other
magnetic results as previously reported.

Appendix. Magnetic inelastic structure factor for multiplets J and J ′

According to Balcar and Lovesey [16], the inelastic scattering cross section for transitions
between multiplets J and J ′ can be expressed as a function of the inelastic structure factor
G(κ, J, J ′) as

d2σ

d	dE ′ = r 2
0

k f

ki
G(κ, J, J ′)δ(h̄ω − �E) (A.1)

with

r0 = γ e2

mc2
, κ = k − k′

and

G(κ, J, J ′) =
∑

K ′

3

K ′ + 1
[AJ,J ′(K ′ − 1, K ′) + BJ,J ′(K ′ − 1, K ′)]2

+
∑

K

3

2K + 1
[BJ,J ′(K , K )]2 (A.2)

AJ,J ′(K , K ′) and BJ,J ′(K , K ′) are orbital and spin contributions to the structure factor, which
are linear combinations of the radial integrals 〈 jK (κ)〉. For Ce, K = 0, 2, 4, 6 and K ′ = 1, 3,
5, 7.

It turns out that, for given J and J ′, G(κ, J, J ′) can be written as a sum of products
〈 jKi(κ)〉〈 jK j (κ)〉:

G(κ, J, J ′) =
∑

Ki,K j

CJ,J ′(Ki, K j ) · 〈 jKi(κ)
〉 〈

jK j (κ)
〉
. (A.3)

The values of the coefficients CJ,J ′(Ki, K j ) are tabulated in appendix E.3 of [16] for
J = 5/2, J ′ = J + 1 = 7/2 (Ce case) and for J = 7/2, J ′ = J − 1 = 5/2 (Yb case).

According to the fact that for J ′ = J the value of G(κ) in the dipole approximation is
1
6 J (J + 1)g2

J F2(κ) with F(0) = 1, F2(κ, J, J ′) has been deduced from G(κ, J, J ′) by the
relation

G(κ, J, J ′) = 1
6μeff(J )μeff(J ′)F2(κ, J, J ′) (A.4)

with μeff(J ) = gJ
√

J (J + 1).
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